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Calculations of (anti)neutrino-nucleus scattering cross sections are vital since experimental results for these
cross sections for terrestrial-based (anti)neutrino sources in the low-to-intermediate energy ranges are exceed-
ingly rare. A recent measurement of the scattering of stopped-pion neutrinos off 127I by the COHERENT
Collaboration yielded a cross section that was only 41% of the expected theoretical prediction. Inspired by
this, we have computed the cross sections for (anti)neutrino scatterings off 127I and 133Cs by considering
also the effect of the quenching of the weak axial coupling gA on the results. Two quenching schemes, a
conservative and a radical estimate, were considered. The cross sections as functions of the neutrino energy are
presented along with folded cross sections for stopped-pion and supernova (anti)neutrino spectra. The nuclear
model used was the microscopic quasiparticle-phonon model based on large single-particle model spaces and
realistic G-matrix-based effective two-body interactions. The obtained inclusive cross sections for stopped-pion
neutrino scattering off 127I are in good agreement with the experimental results. The results indicate that
discrepancy between the experimental and theoretical results could be at least partly explained by the quenching
of gA.

DOI: 10.1103/PhysRevC.109.035802

I. INTRODUCTION

The field of neutrino-nucleus interactions has generated
a substantial amount of interest in recent decades. Large
national and multinational experimental collaborations such
as Super-Kamiokande [1], Sudbury Neutrino Observatory
(SNO) [2], Ice Cube [3], and the COHERENT experiment
[4] have yielded a number of highly notable results includ-
ing experimental evidence for neutrino oscillations [5,6] and
detection of the coherent elastic neutrino-nucleus scatter-
ing (CEνNS) process [7]. In addition to the many currently
running neutrino experiments, a number of large-scale next
generation detectors such as the Jiangmen Underground
Neutrino Observatory (JUNO) [8], the European Spallation
Source neutrino Super Beam (ESSνSB) [9], and the Acceler-
ator Neutrino Neutron Interaction Experiment (ANNIE) [10]
are under construction or at planning stage. As a result, in-
terest in the field is expected to only increase in the near
future.

Despite a growing number of neutrino experiments,
there currently exists experimental results of terrestrial-based
neutrino scattering for only seven nuclear targets in the low-
intermediate energy range [11–13]. A recent measurement of
the charged-current stopped-pion electron neutrino scattering
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cross section off 127I by the COHERENT Collaboration [14]
is therefore of particular interest. The experimental result
for the cross section of the inclusive reaction was found to
be only about 41% of an expected theoretical estimate ob-
tained by using the Model of Argon Reaction Low Energy
Yields (MARLEY), a Monte Carlo event generator for neutrino-
nucleus interactions [15]. There is no immediately obvious
likely cause for this apparent disagreement that would explain
it completely. One factor that could explain the discrepancy is
the effective (quenched) value used for the weak axial-vector
coupling gA. In this paper we explore this possibility in detail.

The use of iodine in neutrino and dark matter detectors
has been and remains common in the past and present exper-
iments. It is typically utilized in the form of thallium-doped
cesium-iodide crystals CsI [Tl], as in the KIMS experiment
[16], sodium-doped cesium-iodide crystals CsI[Na], as in
the COHERENT experiment [7], or thallium-doped sodium-
iodide, as in DM-Ice [17], PICO-LON [18], and ANAIS [19].
As cesium is often present in the detectors with iodine, it
is natural to consider both 127I and 133Cs and their neutrino
scattering properties instead of just one of them. The two nu-
clei have similar mass numbers and nuclear shell model shell
occupations, so it is reasonable to utilize the same nuclear
model and valence space for modeling both of them.

The primary goal of this paper is to compute accurate
and realistic charged-current (anti)neutrino scattering cross
sections off 127I and 133Cs and compare the them to the
recent experimental results. Special care is taken regarding
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the choice of the effective value of gA (or gA,eff) used in the
calculations. In particular, we obtain separate values of gA,eff

for the two nuclear targets based on a systematic analysis of
allowed β-decay half-lives of nuclei in a wide range of mass
numbers as a conservative estimate for the quenching. We also
consider a more radical approach to quenching based on rough
estimates of gA,eff values obtained from forbidden decays. The
nuclear model we use in modeling the initial and final state nu-
clear wave functions is the microscopic quasiparticle-phonon
model (MQPM).

Several prior theoretical studies into the charged-current
neutrino scattering cross section off 127I exist, with varying re-
sults [20–26]. Much of this research is quite old (at least 15 to
over 30 years) and was thus conducted with, by modern stan-
dards, relatively limited available computational power. 127I
and 133Cs are also open-shell nuclei with large numbers of va-
lence nucleons so shell-model calculations were prohibitively
expensive for obtaining spectra of states up to the energies
required for a realistic description of intermediate-energy
(anti)neutrino (such as supernova or stopped-pion) scattering.
Older scattering cross section calculations thus either had to
rely on somewhat drastic simplifying approximations to the
nuclear models used [21,22], or utilized methods that avoided
the construction of explicit final states altogether, such as the
closure approximation [27,28] and Fermi gas models [29,30].
It is also worth noting that recent research for low-energy
neutrino-nucleus charged-current scattering off 127I in the
form of solar neutrino scattering exists [31–33].

The chosen value of gA,eff also varies in the previous re-
search. The effective value of the weak axial-vector coupling
inside nuclear matter has been long known to differ from
the corresponding free value in the case of nuclear β decay
[34,35]. As accurate (anti)neutrino-nucleus scattering cross-
section measurements are considerably more difficult than
measurements of the half-lives of typical β decays, studies
into the quenching of gA in β decays provides a valuable way
of estimating the quenching in (anti)neutrino-nucleus scatter-
ing and other weak nuclear processes. New systematic studies
into the quenching of gA in various β and ββ decays have
been conducted during the last decade [36]. The findings in
the mentioned studies can be applied to (anti)neutrino-nucleus
scattering calculations in an attempt to choose the value of
gA,eff more accurately in order to obtain more accurate results
for the cross sections, which is precisely the goal of this
paper.

This paper is organized as follows: In Sec. II we briefly re-
view the theory of semileptonic nuclear processes with special
emphasis on the emergence and role of the weak axial-vector
coupling gA and the procedure by which its effective values
used in the scattering calculations were obtained. We also
discuss the nuclear many-body framework used in the con-
struction of the nuclear states, presenting also the obtained
theoretical spectra for the nuclei of interest. In Sec. III we
present the results for the scattering cross sections as func-
tions of the energy of the incoming (anti)neutrino, along
with the folded cross sections for stopped-pion and supernova
(anti)neutrinos. The results of the two different quenching
schemes are also compared to the experimental results for
the scattering off 127I. Finally, in Sec. IV we discuss the

W∓
ν/ν

l∓k′
µ

kµ

K ′
µ

Kµ

N(A, Z)

N(A, Z ± 1)∗

qµ

jµ Jµ

FIG. 1. Feynman diagram illustrating the reaction where an in-
coming (anti)neutrino (ν)ν scatters off an atomic nucleus N (A, Z )
via the exchange of a charged W ∓ boson, producing the final state
lepton l∓ and the daughter nucleus N (A, Z ± 1)∗, which may be in
an excited state. The four-momenta of the lepton and nucleus prior to
the scattering are denoted by kμ and Kμ, and after the scattering by
k′
μ and K ′

μ, respectively. The transferred 4-momentum is denoted by
qμ = k′

μ − kμ = Kμ − K ′
μ.

conclusions that can be drawn from the obtained results them-
selves and their comparisons to corresponding experimental
results.

II. THEORETICAL FORMALISM

A. Neutrino-nucleus scattering

A charged-current neutrino-nucleus scattering reaction can
be expressed as

ν/ν + N (A, Z ) −→ l∓ + N (A, Z ± 1)∗, (1)

where (ν) ν denotes an initial state (anti)neutrino, (l+) l−
a final state (anti)lepton, and N (A, Z ) and N (A, Z ± 1)∗ the
initial and final state nuclei. This process proceeds via an
exchange of the charged vector boson W ∓, and is illustrated in
Fig 1. In addition to the possibility of the reaction of leaving
the final state nucleus in an excited state [denoted by ∗ in
Eq. (1) and suppressed hereafter, unless stated otherwise], the
final state nuclear species is also different from that of the
initial state nucleus, and as a result these reactions can have
a threshold energy. The relevant reactions considered in this
paper are, with the threshold energies (in keV) in parentheses,
the following [37]:

νe + 127I −→ e− + 127Xe (662 ± 6),

νe + 127I −→ e+ + 127Te (1725 ± 5),

νe + 133Cs −→ e− + 133Ba (517 ± 2),

νe + 133Cs −→ e+ + 133Xe (1449 ± 3), (2)

where the initial nuclei are in their ground states. These reac-
tions are also illustrated in Fig. 2. The scatterings of μ and τ

neutrinos have threshold energies of �106 and �1777 MeV
(the masses of the μ and τ leptons [38]), far beyond the
relevant energy ranges of typical astrophysical neutrinos (�
18 MeV for solar neutrinos and � 80 MeV for supernova
neutrinos [39]), and we will thus not consider these reactions
here.

To compute the scattering cross sections we have utilized
the Donnelly-Walecka formalism [40,41] for semileptonic nu-
clear processes. The scattering process of Fig. 1 can be treated
as a more simple pointlike current-current interaction between
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FIG. 2. The energies and spin-parities of the grounds states of the nuclei involved in the scattering reactions considered in this paper. The
energies are normalized to the energy of the ground states of the initial nuclei.

the lepton ( jμ) and hadron (J μ) currents with an effective
Hamiltonian

H ν/ν

eff = G√
2

∫
d3x j (∓)

μ (x)J (±),μ(x), (3)

when the transferred four-momentum qμ = k′
μ − kμ = Kμ −

K ′
μ is small compared to the W -boson mass, i.e., −qμqμ ≡

Q2 � M2
W . Here G = GF cos θC, where GF = 1.1664 × 10−5

GeV is the Fermi constant and θC the Cabibbo angle. We write
the matrix element of the effective Hamiltonian as

〈 f |H ν/ν

eff |i〉 = G√
2

∫
d3x e−iq·xl (∓)

μ (x) 〈 f |J (±),μ(x) |i〉 , (4)

where l (∓)
μ (x) ≡ eiq·x 〈 f | j (∓)

μ (x) |i〉 is the lepton matrix ele-
ment. The double-differential (anti)neutrino cross section off
a nucleus with initial and final states |Ji/ f 〉 with energies Ei/ f

can then be shown to be given by [42](
d2σi→ f

d� dEexc

)
ν/ν

= G2F (±Z f , Ek′ )|k′|Ek′

π (2Ji + 1)

×
⎛
⎝∑

J�0

σ J
CL +

∑
J�1

σ
(∓),J
T

⎞
⎠, (5)

where the Coulomb-longitudinal (CL) and transverse (T) con-
tributions are

σ J
CL = (1 + a cos θ )|(Jf ||MJ (q)||Ji )|2 + (1 + a cos θ − 2b sin2 θ )|(Jf ||LJ (q)||Ji )|2

+ 2
Eexc

q
(1 + a cos θ + c)Re[(Jf ||LJ (q)||Ji )(Jf ||MJ (q)||Ji )∗] (6)

and

σ
(∓),J
T = (1 − a cos θ + 2b sin2 θ )

[|(Jf ||T el
J (q)||Ji )|2 + |(Jf ||T mag

J (q)||Ji )|2
]

∓ 2
Ek′ + Ek

q
(1 − a cos θ − c)Re

[
(Jf ||T mag

J (q)||Ji )(Jf ||T el
J (q)||Ji )∗

]
(7)

respectively. In the above equations, Eexc = EK ′ − EK = Ek −
Ek′ denotes the nuclear excitation energy,

q = |q| =
√

a2E2
k′ + E2

k − 2EkEk′a cos θ (8)

the magnitude of the three-momentum transfer, and

a =
√

1 − m2
l

E2
k′

, b = a2EkEk′

q2
, and c = m2

l

qEk′
, (9)

where ml is the rest mass of the final state lepton l∓.
The Coulomb interaction of the final-state lepton and

daughter nucleus which distorts the wave function of the
lepton is taken into account in the form of the function
F (±Z f , Ek′ ) in Eq. (5). Here, Z f is the proton number of

the daughter nucleus. For neutral current reactions we simply
have F = 1, as the final state lepton is uncharged, but for
charged-current reactions its form is more complicated. When
the effective momentum keff and energy Eeff of the final state
lepton are defined as

keff ≡
√

E2
eff − m2

l and Eeff ≡ Ek′ − VC(0), (10)

where VC(r) is the Coulomb potential due to the daughter
nucleus at point r, we can treat the effect of the distortion
differently for small and large values of keff. When keffR � 1,
we use a Fermi function for the function F , and for the other
values of keff we employ the modified effective momentum ap-
proximation (MEMA) [43], where we set F = 1 and replace
k ≡ |k′| and Ek′ with keff and Eeff respectively.
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B. The nuclear current and the quenching of gA

It is relevant for this paper to discuss the structure of
the spherical tensor operators MJM (q), LJM (q), T el

JM (q), and
T mag

JM (q) appearing in Eqs. (6) and (7) in a little more detail.
The operators are defined according to [41]

MJM (q) ≡
∫

d3x MJM (q, x)J (±)
0 (x),

LJM (q) ≡ i

q

∫
d3x ∇[MJM (q, x)] · J (±)(x),

T el
JM (q) ≡ 1

q

∫
d3x

[∇ × MM
JJ (q, x)

] · J (±)(x),

and

T mag
JM (q) ≡

∫
d3x MM

JJ (q, x) · J (±)(x), (11)

where J (±),μ = (J (±)
0 ,−J (±)) and

MLM (q, x) = MLM (q, r, θ, φ) ≡ jL(qr)Y L
M (θ, φ)

and MM
JL(q, x) = MM

JL(q, r, θ, φ) ≡ jL(qr)YM
JL1(θ, φ),

(12)

with jL being the spherical Bessel function of order L and
(YM

JL1)Y L
M the (vector-)spherical harmonic function. The nu-

clear current operator contains both vector and axial-vector
parts J (±),μ = J (±),μ

V − J (±),μ
A and as a result so do the

spherical tensor operators above. They can therefore be sep-
arated into vector and axial-vector parts [e.g., MJM (q) =
MV

JM (q) − MA
JM (q)] and we can consider their matrix elements

separately.
The first and second quantized vector/axial-vector nuclear

current operators are written in terms of the free particle
(box-normalized plane wave) states |pσ 〉, 〈x|p, σ 〉 = φp,σ (x)
of momentum p and spin σ as [41,44]

J (±),μ
V/A (x) =

N
Z∑

i=1

J (±),μ
V/A,i δ(3)(x − xi ) (13)

and

J (±),μ
V/A (x) =

∑
p′,σ ′,p,σ

p
n
〈p′, σ ′|J (±),μ

V/A |p, σ 〉n
p

c†
p
np′σ ′cn

ppσ (14)

respectively, with

p
n
〈p′, σ ′|J (±),μ

V/A (x) |p, σ 〉n
p
=

∫
d3yφ

†
p
np′σ ′ (y)J (±),μ

V/A,1 (y)

× δ(3)(x − y)φp
npσ (y), (15)

where J (±),μ
V/A,i(1) is the current due to the ith (a single) nu-

cleon and c†
p
npσ

and cp
npσ are the creation and annihilation

operators of the plane wave states for protons
neutrons . The most gen-

eral forms of the matrix elements 〈p′, σ ′| J (±),μ
V/A |p, σ 〉 that

satisfy Lorentz covariance, parity conservation, time-reversal
invariance, and isospin invariance can be written by using

the Dirac equation at the origin as (assuming no second-class
currents) [45]

p
n
〈p′, σ ′|J (±),μ

V (0) |p, σ 〉n
p
= 1

V
up

n
(p′, σ ′)

×
[

F CC
1 (q2)γ μ − i

2mN
F CC

2 (q2)σμνqν

]
up

n
(p, σ ) (16)

and

p
n
〈p′, σ ′|J (±),μ

A (0) |p, σ 〉n
p
= 1

V
up

n
(p′, σ ′)

[
F CC

A (q2)γ5γ
μ

+ F CC
P (q2)γ5qμ

]
up

n
(p, σ ), (17)

where V is the quantization volume of the plane waves, mN

the nucleon mass, and [up
n
(p, σ )] up

n
(p, σ ) the [adjoint] Dirac

spinor of a proton
neutron . The form factors F CC

1 , F CC
2 , F CC

A , and F CC
P

are used to take into account the finite size of the nucleons.
The right-hand sides of the above equations can then be ex-
panded in powers of m−1

N up to second order and compared
to the matrix element of the second-quantized operator of
Eq. (14) at the origin to obtain the form of the operators J (±),μ

V/A,1 .
Then an expression for the cross section in terms of the form
factors can eventually be obtained [41].

For the purposes of the present paper, the axial-vector form
factor F CC

A (q2) can be modeled using the dipole form

F CC
A (q2) = F CC

A (0)(
1 + q2

M2
A

)2 , (18)

where MA = 1.014 GeV and F CC
A (0) = gA is the weak axial-

vector coupling constant. The bare value of gA is predicted by
the partially conserved axial-vector current (PCAC) hypothe-
sis [46], and can be measured from some weak process, such
as the decay of a free neutron into a proton. The currently
accepted value of this is gA = −1.27641(45)stat(33)sys [47].
However, the effective value of gA in nuclear medium typ-
ically needs to be quenched with respect to the bare value
in order to obtain acceptable agreement with experimental
results [34,35,48,49]. This is mainly due to the limitations in
the single-nucleon valence and many-nucleon configuration
spaces, and the neglect of three-nucleon forces in numerical
calculations. Further quenching arises from nuclear-medium
effects, such as the meson-exchange many-body currents that
are not included in the one-nucleon impulse approximation,
and non-nucleonic degrees of freedom (e.g., � baryons) that
are usually neglected [36].

In the (anti)neutrino-nucleus scattering calculations, typi-
cally an unquenched or moderately quenched, gA,eff = −1.0,
value has been used [39]. In the context of these scatter-
ings, little has been done in exploring systematically the
degree of quenching of the axial coupling. Contrary to this,
for some other neutrino-related processes, like beta decays
and double beta decays, a lot of systematic investigations
have been performed in order to pin down the degree of
gA quenching in these processes [36,39,50,51]. One of these
systematic studies is conducted in the nuclear mass region
A = 100–136 [52], relevant for the present work in terms of
the nuclear mass range and the assumed nuclear many-body
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frameworks, namely the quasiparticle random-phase approx-
imation (QRPA) and proton-neutron QRPA (pnQRPA). The
analyses of Ref. [52], performed for Gamow-Teller beta and
two-neutrino double beta decays, revealed an average piece-
wise linear dependence of gA,eff on the mass number, gA,eff =
(A − 86)/60, within the mass range A = 122–136. This linear
fit would suggest values gA,eff ≈ −0.683 for 127I and gA,eff ≈
−0.783 for 133Cs. Also some IBM-2 (microscopic interacting
boson model) and ISM (interacting shell model) based studies
in this region implied similarly quenched gA,eff values [36].

Here one has to note that the momentum transfers in the
neutrino-nucleus scattering, discussed in the present work, are
much larger than in the Gamow-Teller type of beta and two-
neutrino double beta decays mentioned above. This means
that in addition to the allowed Gamow-Teller type of contri-
butions, corresponding to the s partial wave of the involved
leptons, a non-negligible contribution arises from the so-
called forbidden transitions corresponding to higher partial
waves of the involved leptons. At zero momentum transfer
these forbidden transitions can be studied using forbidden
beta decays. These studies [53,54] suggest that gA,eff would
be even more radically quenched for the forbidden decays
than for the allowed ones. The study of first-forbidden unique
beta decays in the mass range A = 72–136, performed in [53],
suggests a value gforb

A,eff = 0.57, when the pnQRPA-computed
beta-decay rates are compared with the measured ones. Even
stronger quenchings are suggested for the higher-forbidden
beta decays in [54]; see the discussion in [36].

Based on the above discussion, we can build a (conserva-
tive) quenching model for gA such that for both the allowed
Gamow-Teller and the forbidden transitions we use the results
of the linear fit. We can test this quenching model against
experimental data for the scattering of the stopped-pion neu-
trinos off 127I, as discussed in Sec. III B.

C. Nuclear structure

The initial- and final-state nuclear wave functions used in
our calculations were modeled by using the same formal-
ism as in our previous work concerning the neutral-current
(anti)neutrino-nucleus scattering off 127I and 133Cs, namely
the MQPM [55,56]. For a brief recap, the MQPM is a
quasiparticle based nuclear model which is built upon the
quasiparticle random-phase approximation (QRPA), which
in turn is based on the BCS model of the atomic nucleus.
The BCS-quasiparticle creation and annihilation operators a†

α

and ãα [using the standard Baranger notation α ≡ (a, mα ) ≡
(na, la, ja, mα ) for the quantum numbers] are obtained from
particle-hole creation and annihilation operators c†

α and c̃α by
the Bogolyubov-Valatin transform,

a†
α = uacα + vac̃α, ãα = uac̃α − vac†

α, (19)

where ua and va are the occupation and vacancy amplitudes
respectively.

After solving the BCS occupation amplitudes, the quasi-
particle operators can be coupled together to form the QRPA

phonon operators [49]

Q†
Jω,πω,kω

≡ Q†
ω =

∑
a�b

[
X ω

abA†(JM ) − Y ω
abÃ(JM )

]
, (20)

where

A†
ab(JM ) ≡

√
1 + δab(−1)J

1 + δab
[a†

aa†
b]JM,

Ãab(JM ) = (−1)J+MAab(J − M ). (21)

The quantum numbers (Jω, πω, kω ) of a phonon denote its
angular momentum, parity, and enumeration number respec-
tively. The phonon operators can then, in turn, be used to
construct the MQPM excitation creation operators

�
†
i (JM ) =

∑
n

Ci
na†

nJM +
∑
aω

Di
aω[a†

aQ†
ω]JM . (22)

The amplitudes Xω and Yω can be solved from the QRPA
equations (

A B
−B∗ −A∗

)(
Xω

Yω

)
= Eω

(
Xω

Yω

)
, (23)

after which the amplitudes Ci and Di can be solved from the
MQPM equations(

A B
BT A′

)(
Ci

Di

)
= �i

(
1 0
0 N

)(
Ci

Di

)
. (24)

The details of solving these equations along with the nature of
the submatrices A, B, A, A′, B, and N are discussed in [49].

The nuclear models discussed thus far were applied in the
same manner as in our previous paper, and the details of this
procedure are discussed there. We will give a brief recap of
this here. In the BCS-calculations for the even-even reference
nuclei, the lowest theoretical quasiparticle energies were fitted
to the experimental proton and neutron pairing gaps defined
by the equations

�π (A, Z ) = 1
4 (−1)Z+1[Sp(A + 1, Z + 1) − 2Sp(A, Z )

+ Sp(A − 1, Z − 1)] (25)

and

�ν (A, Z ) = 1
4 (−1)N+1[Sn(A + 1, Z ) − 2Sn(A, Z )

+ Sn(A − 1, Z )], (26)

given in terms of the experimental proton and neutron
separation energies Sp and Sn. The single-particle energies
used in the calculations were obtained from the Coulomb
corrected Woods-Saxon potential using the Bohr-Mottelson
parametrization [57] with adjustments to the energies of the
states near the Fermi surface. These adjustments were made
to improve agreement with the theoretical and experimental
spectra, and they are listed in Table I. The QRPA calculations
for the even-even reference nuclei were performed by fitting
the energies of the lowest theoretical states of natural parity
up to and including 6+ to their experimental counterparts, by
scaling the two-body matrix elements of said multipolarities
in the matrices A and B with the phenomenological particle-
particle and particle-hole strength parameters gpp and gph
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TABLE I. Adjustments to the energies of the single-particle
Woods-Saxon orbitals (in MeV) for all MQPM reference nuclei.

Orbital 126Te 128Xe 132Xe 134Ba

1d5/2,π – – – +0.03
0g7/2,π −0.15 −0.20 −0.35 −0.70
0h11/2,π −0.60 −0.30 −0.60 −0.50
2s1/2,π – – – –
1d3/2,π – – – –
1d5/2,ν – – – –
0g7/2,ν +1.00 +2.00 – –
2s1/2,ν +0.90 +0.60 +0.30 +1.00
1d3/2,ν +0.60 −0.30 +0.50 +0.14
0h11/2,ν −1.00 −1.13 −1.00 −1.00

[58,59]. The results of the QRPA calculations were then used
to perform the MQPM calculations for the odd-A nuclei of
interest. The resulting theoretical spectra along with the cor-
responding experimental spectra for the neutron-odd nuclei
are illustrated in Figs. 3 [60] and 4 [61]. The corresponding
graphs for the proton-odd nuclei and the QPRA results for the
even-even reference nuclei are found in our previous paper
[62]. The same values as in the QRPA calculations for the
parameters gpp and gph were also used in the MQPM calcula-
tions, and all fitting to experimental data was done at the BCS
and QRPA level of calculations.

It should be noted that the nuclear-structure calculations
for the nuclei considered in our previous work, namely 127I
and 133Cs and their corresponding even-even reference nuclei
126Te, 128Xe, 132Xe, and 134Ba, were identical to the calcula-
tions needed for this paper, and the previously obtained results
were naturally used for them. The charged-current scattering
final state nuclei 127Xe, 127Te, 133Ba, and 133Xe can be mod-
eled using the same even-even reference nuclei as the initial
nuclei [e.g., the QRPA results for 134Ba can be used to model
133Cs (133Ba) by performing a proton(neutron)-odd MQPM
calculation]. This was in fact already taken into account in our
previous work by adjusting the neutron single-particle ener-
gies near the Fermi surface to improve the agreement between
the theoretical and experimental spectra of the neutron-odd

FIG. 3. Experimental and MQPM-computed energy spectra of
127Xe and 127Te from the reference nuclei 128Xe and 126Te,
respectively.

FIG. 4. Experimental and MQPM-computed energy spectra of
133Ba and 133Xe from the reference nuclei 134Ba and 132Xe,
respectively.

charged-current scattering final nuclei, despite the fact that
the neutron-odd nuclei were not considered in the mentioned
work. The reason for this was to make the neutral-current and
charged-current scattering results as comparable to each other
as possible by using the same even-even reference nuclei in
both calculations.

III. RESULTS

A. Scattering cross sections

The results for the total neutrino scattering cross sections as
functions of the energy of the incoming neutrino for the reac-
tions of Eq. (2) are presented in Table II. Here we have used
the conservative estimate for the quenching of gA, namely
quenching the axial coupling in the same way for the allowed
and forbidden transitions. We also give the decomposition
of the total cross sections to the vector, axial-vector, and
interference parts. The cross sections were obtained by first
computing the double-differential cross section of Eq. (5),
numerically integrating over the scattering angle and sum-
ming over the contributions from individual final states. These
cross sections are also illustrated in Fig. 5. It can be clearly
seen that the neutrino scattering cross sections are noticeably
larger than the corresponding cross sections for antineutrino
scattering for both nuclei. This result was expected based on
the differences in the threshold energies between the different
reactions, as discussed at the start of the previous section.
This difference in cross sections is more pronounced at lower
incoming (anti)neutrino energies and diminishes steadily as
the energy of the lepton increases, as the differences between
threshold energies are independent of the projectile energy.
The differences between the two nuclei for the same types
of reactions are relatively small. For neutrino scattering, the
cross sections are slightly higher for the νe + 133Cs −→ e− +
133Ba reaction compared to the νe + 127I −→ e− + 127Xe re-
action, but for the lowest of incoming neutrino energies where
the differences in contributions from individual final nuclear
states between the two odd-A nuclei can be significant. The
cause of this is mainly due to the higher gA,eff parameter
value used for the former. Similar behavior is also observed
for the antineutrino scattering, although in this case the cross
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FIG. 5. Total cross section as function of the incoming (anti)neutrino energy for all the scattering reactions of interest.

section of the νe + 127I −→ e+ + 127Te reaction remains
larger than that of the νe + 133Cs −→ e+ + 133Xe reaction
until relatively high (� 70 MeV) antineutrino energies.

B. Flux-averaged stopped-pion neutrino cross sections

We also report results for (anti)neutrino-flux-averaged
cross sections involving two neutrino sources: Accelera-
tor based stopped-pion decay and astrophysical supernova
(anti)neutrinos. Stopped-pion neutrinos are produced in the
decay chain of π+ in the reactions

π+ −→ μ+ + νμ and μ+ −→ e+ + νe + νμ. (27)

The first reactions is a two-body decay and the produced νμ

are thus monochromatic in energy as a result. We used the
value Eνμ

= 29.8 MeV in our calculations. The spectra of
the electron neutrinos and muon antineutrinos produced in the
second reaction are continuous, and for the former we utilized
the commonly used model

p(Eνe ) = 96
E2

νe

m4
μ

(mμ − 2Eνe ), (28)

where mμ is the muon mass and Eνe ∈ [0, mμ/2].
The flux-averaged cross sections 〈σ 〉 were computed by

folding the energy dependent cross sections with the above
(anti)neutrino energy distributions, i.e.,

〈σ 〉 =
∫ ∞

0
dEνσ (Eν )p(Eν ). (29)

The results are presented in Table III. Of particular interest is
the cross section for stopped-pion electron neutrino scattering
off 127I, as this cross section was recently experimentally mea-
sured by the COHERENT Collaboration. Their reported cross
sections were (9.2+2.1

−1.8) × 10−40 cm2 for the inclusive reaction
νe + 127I −→ e− + 127Xe∗ and (5.2+3.4

−3.1) × 10−40 cm2 for the
exclusive reaction νe + 127I −→ e− + 127Xe∗(bound states)
[14]. Our corresponding result for the inclusive reaction was
computed to be 10.6 × 10−40 cm2, which was obtained by
using our quenching model. This in good agreement with the
reported experimental result. An earlier theoretical study [25]
utilizing the local density approximation, taking into account

Pauli blocking, Fermi motion effects and renormalization of
weak transition strengths in the nuclear medium, found a
result of 12.53 × 10−40 cm2 for the inclusive cross section,

TABLE III. Total folded neutrino (ν) and antineutrino (ν̄) scat-
tering cross sections, computed using our quenching model for gA,eff

(see Sec. II B), for both nuclei of interest. Also included are the
individual contributions to the total folded cross sections, namely the
CL and T contributions of Eqs. (6) and (7), along with the vector (V),
axial-vector (A), and interference (I) contributions. Here it should be
noted that one can obtain the total folded scattering cross sections for
any value of gA by multiplying the axial contributions by the ratio
g2

A/g2
A,eff and the interference contributions by the ratio gA/gA,eff .

The results are for supernova neutrino spectra with the choices α = 0
and α = 3 for the degeneracy parameter, and stopped-pion (π ) elec-
tron neutrino spectrum. The format in which the data is presented is
the same as in Table II and the units are 10−43 cm2.

Initial nucleus

127I 133Cs

Final nucleus Final nucleus

127Xe (νe) 127Te (νe) 133Ba (νe) 133Xe (νe)

CLα=0 6.894(2) 4.569(0) 6.917(2) 3.515(0)
CLα=3 6.232(2) 3.193(0) 6.201(2) 2.354(0)
CLπ 4.225(3) – 4.360(3) –
Tα=0 9.037(2) 1.018(1) 1.157(3) 7.901(0)
Tα=3 8.054(2) 7.996(0) 1.042(3) 5.755(0)
Tπ 6.360(3) – 7.569(3) –
Vα=0 6.509(2) 4.709(0) 6.329(2) 3.737(0)
Vα=3 5.818(2) 3.157(0) 5.576(2) 2.433(0)
Vπ 4.305(3) – 4.332(3) –
Aα=0 8.030(2) 1.300(1) 1.051(3) 1.034(1)
Aα=3 7.360(2) 9.782(0) 9.722(2) 7.228(0)
Aπ 4.681(3) – 5.846(3) –
Iα=0 1.391(2) −2.960(0) 1.650(2) −2.657(0)
Iα=3 1.108(2) −1.749(0) 1.324(2) −1.553(0)
Iπ 1.601(3) – 1.751(3) –
Tot.α=0 1.593(3) 1.475(1) 1.849(3) 1.142(1)
Tot.α=3 1.429(3) 1.119(1) 1.662(3) 8.108(0)
Tot.π 1.059(4) – 1.193(4) –
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FIG. 6. Contributions of different multipoles to the total folded stopped-pion neutrino cross section for scattering off 127I (left) and 133Cs
(right). The parts with different tensorial character (vector, axial-vector, interference) for each individual multipole contribution are also
visualized. Higher multipoles not present in the graphs have vanishingly small contributions.

which is also in relatively good agreement with both our result
and experiment.

To obtain an accurate theoretical result for the cross sec-
tion of the exclusive channel would require calculation of
the neutron emission probabilities of different final nuclear
states of 127Xe that are above the neutron separation energy of
7.246 MeV, which is outside the scope of this work. We can,
however, compute a lower bound for the exclusive channel by
summing up the contribution from all the final states below
the neutron emission threshold. The lower bound obtained in
this manner was 6.1 × 10−40 cm2, which is compatible with
the experimental result. Regarding this, it should be noted that
the uncertainties in the experimental exclusive result are rather
large, and thus no definite conclusions can be drawn from
this comparison. Nevertheless, an earlier result of [2.84 ±
0.91(stat) ± 0.25(syst)] × 10−40 cm2 for the exclusive cross
section obtained at the Los Alamos Meson Physics Facility
(LAMPF) exists [26], which is in agreement with the most
recent COHERENT result (due to large uncertainties in the
latter), and in disagreement with our theoretical estimate for
the lower bound.

The contributions from different multipoles to the total
folded cross section of stopped-pion electron neutrinos off
127I, along with the scattering off 133Cs are presented in Fig. 6.
In the figure it can clearly be seen that the allowed 0+ and
1+ multipoles are the most prominent, while the forbidden
transitions still contribute significantly. All the axial-vector
contributions together are responsible for ∼44% of the total
folded cross section for the scattering off 127I, and a total of
∼58% of the axial-vector contributions are from the allowed
1+ multipole. At this moment no data are available for the
scattering cross section off 133Cs meaning that the results ob-
tained for this nucleus currently serve as predictions for future
experiments. The differences between the multipole profiles
between the two nuclei are also minute aside from the absolute
values of the contributions, which are larger for 133Cs as were
the total folded cross sections. The relative proportions of the

contributions (e.g., allowed to forbidden) can be seen to be
highly similar on the other hand.

Thus far in our calculations we have used the (conserva-
tive) quenching model of gA,eff ≈ −0.683 for all multipole
transitions in 127I. A more “radical” quenching scheme would
be to adopt the value gforb

A,eff = 0.57 for all forbidden tran-
sitions, as suggested by the study [53]. Some 42% of the
axial contribution in Fig. 6 comes from the forbidden tran-
sitions. Applying the quenching gforb

A,eff = 0.57 on this part
of the axial contribution would bring our conservative esti-
mates for the stopped-pion inclusive cross sections, 10.6 ×
10−40 cm2 for 127I and 11.9 × 10−40 cm2 for 133Cs, to values
9.9 × 10−40 cm2 for 127I and 10.6 × 10−40 cm2 for 133Cs.
Hence, the additional quenching coming from the forbidden
transitions does not affect much the final values of cross
sections. Anyway, nothing definitive can be stated about the
superiority of either quenching scheme since in the case of
127I both are in agreement with the experimental result owing
to its large error bars.

In addition to the multipole profiles, other data of in-
terest include the contributions to the total folded cross
sections from individual final nuclear states. These are pre-
sented for the conservative quenching estimate in Fig. 7. For
charged-current scattering most of the contributions for both
nuclei come from a high number of individual states spread
over a relatively wide range in energy. It is worth mentioning
that, in comparison, we found in our previous paper in the con-
text of supernova neutrino scattering that the neutral-current
contributions came from a relatively small number of highly
contributing states, located particularly in the ∼8–10 MeV
range, corresponding likely to spin-flip M1 giant resonances
[62].

Another difference compared to the earlier neutral-current
results is that while they and the new charged-current results
do share the feature that the most highly contributing states
are composed of mainly states that can be reached from the
ground state of the mother nucleus via an allowed transition,
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FIG. 7. Contributions to the total folded stopped-pion neutrino cross section from individual final nuclear states with energies Eexc,
normalized to the total folded cross section.

FIG. 8. Contributions of different multipoles to the total folded supernova-neutrino scattering cross section off 127I (top) and 133Cs (bottom)
with α = 3 for charged-current (anti)neutrinos on the (right) left. The parts with different tensorial character (vector, axial-vector, interference)
for each individual multipole contribution for neutrinos and contributions from Coulomb-longitudinal and transverse parts for antineutrinos
are also visualized. Higher multipoles not presented in the graphs have vanishingly small contributions.
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FIG. 9. Contributions to the total folded supernova neutrino cross section with α = 3 from individual final nuclear states with energies
Eexc, normalized to the total folded cross section.

this observation is even more pronounced in the charged-
current results. For the neutral-current scattering there were
some prominently contributing states that are reached via a
forbidden transition, whereas in the contribution spectra for
the charged-current results these type of states are fewer and
their contributions smaller. To give an idea of this difference,
the neutral-current electron scattering off 127I using the ref-
erence nucleus 126Te had several of these type of states that
had contributions in the ∼1% range, compared to the charged-
current scattering off 127I for which the highest contributing
state reached via a forbidden transition had a contribution of
only 0.5%. As for the differences in the results between the
two nuclei for the charged-current results, the different con-
tribution spectra do share the general features of one another
to a high degree, as was the case in our previous paper for the
neutral-current scattering, as well.

C. Supernova-(anti)neutrino cross sections

The model we use for supernova (anti)neutrinos is based
on a modified thermal Fermi-Dirac distribution [63,64]

p(Eν ) = 1

T 3F2(α)

E2
ν

eEν/T −α + 1
, (30)

where T is the effective (anti)neutrino temperature inside the
supernova and Fn(α) the Fermi-Dirac integral

Fn(α) =
∫

dx
xn

1 + ex−α
. (31)

The degeneracy parameter α is introduced in order to bet-
ter account for the damping of the high-energy tail of the
spectrum. There is no consensus on what the exact value
of the α parameter should be, and we have consequently
computed the flux-averaged supernova (anti)neutrino scatter-
ing cross sections using two commonly used values for it,
namely α = 0.0 and α = 3.0. These are the same values that
were used in our previous work on neutral-current supernova
(anti)neutrino scattering. The neutrino spectrum can be alter-
native parametrized in terms of the average neutrino energy
〈Eν〉, which is related to T and α by

〈Eν〉 = F2(α)

F3(α)
T . (32)

In this paper we have adopted the same commonly used values
(in MeV) of 〈Eνe〉 = 11.5, 〈Eνe〉 = 13.6, and 〈Eνx/νx 〉 = 16.3,
where we denote the combinations of both the μ and τ flavors
by x.
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The folded supernova (anti)neutrino scattering cross sec-
tions are presented in the same table as the previously
discussed stopped-pion results, namely Table III. Most of
the conclusions that can be drawn from them either follow
directly from the unfolded results of Table II or from the
same arguments as in the case of stopped-pion scattering;
the neutrino scattering cross sections are larger than the cor-
responding antineutrino cross sections due to the threshold
energies and the results for 133Cs are larger than those of 127I
mainly because of the higher value of gA,eff used in the compu-
tations for the latter. Another immediate observation that can
be made is that a higher value for the degeneracy parameter
corresponds to a lower effective neutrino temperature, and the
results for α = 3 are thus expectedly smaller than for α = 0.
Some of the multipole profiles and final-state contributions of
charged-current supernova-neutrino scattering are illustrated
in Figs. 8 and 9.

The main differences between the supernova-neutrino re-
sults and the corresponding stopped-pion results is that in the
former the incoming lepton energy is notably smaller than
in the latter. As a result, the supernova-neutrino scattering
is even more dominated by allowed transition multipoles, as
can be clearly seen in Fig. 8. The highly contributing final
states in Fig. 9 are thus to an even greater degree composed of
states that can be reached from the ground state of the mother
nucleus through allowed transitions. In particular, the single
most highly contributing state for the νe + 127I(5/2+) −→
e+ + 127Te reaction is the 3/2+ ground state of the daughter
nucleus, representing well over 10% of all the contributions to
the reaction cross section. This reaction is the only one of the
reactions listed in Eq. (2) to have an allowed ground-state-to-
ground-state transition, which mostly explains the dispropor-
tionate contribution of this transition and why a similar effect
is not observed in the contributions to other reactions.

IV. CONCLUSIONS

In this paper we have reviewed the theory of semileptonic
nuclear processes. We have briefly discussed the theoretical
formalism of the quasiparticle-based nuclear models QRPA
and MQPM, and applied the latter of these to construct wave

functions of the initial and final nuclear states for the charged-
current (anti)neutrino scattering reactions off 127I and 133Cs.
We have computed the scattering cross sections as functions
of energy, and the total folded cross sections of stopped-pion
and supernova neutrinos.

For both initial nuclei the neutrino scattering cross sec-
tions as functions of the energy of the incoming neutrino
were found to be a few orders of magnitude larger than the
corresponding antineutrino cross sections. This could be ex-
plained by the higher threshold energies of the latter reactions.
Differences in the scattering results between the two nuclear
targets were small, mostly arising from the different effective
gA values used for them. Folded cross sections were also com-
puted for stopped-pion and supernova-(anti)neutrino spectra.
The results for the former, in the case of 127I, are in good
agreement with the recent measurement of the COHERENT
Collaboration.

The question of to what degree the quenching of gA can
explain the apparent discrepancy between the recent experi-
mental result and the MARLEY estimate is more complicated
and at this point inconclusive. While the computed inclusive
cross section is in good agreement with experiment, the case
of the exclusive cross section is more complicated and further
research into this would be needed to arrive at a definite
answer. Furthermore, it should be noted that an upper bound
for gA,eff extracted from the experiment was also reported in
the same paper. This was obtained by comparing the upper
1σ uncertainty experimental result to the MARLEY estimate
with the lower 1σ uncertainty for the input data [14]. As
MARLEY does not currently incorporate forbidden transitions
and employs the allowed approximation [15], experimentally
measured Gamow-Teller strengths of 127Xe were used as in-
puts [65]. These are also the source of the uncertainty in the
MARLEY estimate. The resulting upper bound for gA,eff, which
was gA,eff � 0.97 [14], does not contradict our choice of gA,eff

for 127I.
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